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@ Every complex reflection group W has a nice “presentation a la Coxeter”

Gy =<s,t|sts=tst,s>=t3=1>
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Hecke algebras of complex reflection groups
@ Every complex reflection group W has a nice “presentation a la Coxeter” :
Gy =<s,t|sts=tst,s>=t3=1>

and a field of realization Ky (with ring of integers Zg) :
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Hecke algebras of complex reflection groups
@ Every complex reflection group W has a nice “presentation a la Coxeter” :
Gy =<s,t|sts=tst,s>=t3=1>

and a field of realization Ky (with ring of integers Zg) : Kg, = Q((3).
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Hecke algebras of complex reflection groups
@ Every complex reflection group W has a nice “presentation a la Coxeter” :
Gy =<s,t|sts=tst,s>=t3=1>

and a field of realization Ky (with ring of integers Zg) : Kg, = Q((3).

@ We choose a set of indeterminates

u= (“su’)s, 0<j<o(s)—-1

where s runs over the set of generators of W and o(s) denotes the order of s
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Hecke algebras of complex reflection groups
@ Every complex reflection group W has a nice “presentation a la Coxeter” :
Gy =<s,t|sts=tst,s>=t3=1>
and a field of realization Ky (with ring of integers Zg) : Kg, = Q((3).
@ We choose a set of indeterminates
u = (Usj)s,0<j<o(s)-1

where s runs over the set of generators of W and o(s) denotes the order of s
(if s and t are conjugate in W, then us; = u;j for all j).
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Hecke algebras of complex reflection groups
@ Every complex reflection group W has a nice “presentation a la Coxeter” :
Gy =<s,t|sts=tst,s>=t3=1>
and a field of realization Ky (with ring of integers Zg) : Kg, = Q((3).
@ We choose a set of indeterminates
u = (Usj)s,0<j<o(s)-1

where s runs over the set of generators of W and o(s) denotes the order of s
(if s and t are conjugate in W, then us; = u;j for all j).

@ The associated generic Hecke algebra H(W) is an algebra over the Laurent
polynomial ring Z[u,u™!] and has a presentation of the form :
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Hecke algebras of complex reflection groups

@ Every complex reflection group W has a nice “presentation a la Coxeter” :
Gy =<s,t|sts=tst,s>=t3=1>

and a field of realization Ky (with ring of integers Zg) : Kg, = Q((3).

@ We choose a set of indeterminates

u = (Us,j)s,0<j<o(s)-1

where s runs over the set of generators of W and o(s) denotes the order of s
(if s and t are conjugate in W, then us; = u; j for all j).

@ The associated generic Hecke algebra H(W) is an algebra over the Laurent
polynomial ring Z[u,u™!] and has a presentation of the form :

H(Gy) =< S, T| STS=TST, (S—uo)(S—u)(S—uw)=0,
(T —uo)(T —n)(T =) =0>.
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Hecke algebras of complex reflection groups

@ Every complex reflection group W has a nice “presentation a la Coxeter” :
Gy =<s,t|sts=tst,s>=t3=1>
and a field of realization Ky (with ring of integers Zg) : Kg, = Q((3).
@ We choose a set of indeterminates
u = (Us,j)s,0<j<o(s)-1

where s runs over the set of generators of W and o(s) denotes the order of s
(if s and t are conjugate in W, then us; = u; j for all j).

@ The associated generic Hecke algebra H(W) is an algebra over the Laurent
polynomial ring Z[u,u™!] and has a presentation of the form :

H(Gy) =< S, T| STS=TST, (S—uo)(S—u)(S—uw)=0,
(T —uo)(T —n)(T =) =0>.

o ui— & (j=0,1,2), H(Gs) — Zk[Ga).
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@ The algebra H(W) is a free Z[u,u~]-module of rank |W/|.

@ There exists a unique linear form t : H(W) — Z[u,u™?] such that

> tis a symmetrizing form on H(W).
» t satisfies some other conditions.
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@ The algebra H(W) is a free Z[u,u~]-module of rank |W/|.

@ There exists a unique linear form t : H(W) — Z[u,u™?] such that

> tis a symmetrizing form on H(W).
» t satisfies some other conditions.

Thanks to a theorem by G.Malle, we can find a set of indeterminates v such that
the algebra Ky (v)H (W) is split semisimple
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@ The algebra H(W) is a free Z[u,u~]-module of rank |W/|.

@ There exists a unique linear form t : H(W) — Z[u,u™?] such that

> tis a symmetrizing form on H(W).
» t satisfies some other conditions.

Thanks to a theorem by G.Malle, we can find a set of indeterminates v such that
the algebra Ky (v)H(W) is split semisimple (v = (vj)o<j<2 where vP := ¢ *u)).
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@ The algebra H(W) is a free Z[u,u~]-module of rank |W/|.

@ There exists a unique linear form t : H(W) — Z[u,u™?] such that

> tis a symmetrizing form on H(W).
» t satisfies some other conditions.

Thanks to a theorem by G.Malle, we can find a set of indeterminates v such that
the algebra Ky (v)H(W) is split semisimple (v = (vj)o<j<2 where vP := ¢ *u)).

We have that

t= Z in

XvEIrr(Kw (v)H(W)) ~X

where s, is the Schur element associated with the irreducible character .
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Cyclotomic Hecke algebras

Definition

Let y be an indeterminate. A cyclotomic specialization of H is a Zk-algebra
morphism ¢ : v; — y" where n; € Z for all j. The corresponding cyclotomic
Hecke algebra H is the Zx|y,y']-algebra obtained as the specialization of the
‘H via the morphism ¢.
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Cyclotomic Hecke algebras

Definition

Let y be an indeterminate. A cyclotomic specialization of H is a Zk-algebra
morphism ¢ : v; — y" where n; € Z for all j. The corresponding cyclotomic
Hecke algebra H is the Zx|y,y']-algebra obtained as the specialization of the
‘H via the morphism ¢.

Proposition (C.)

The algebra Ky (y)Hy is split semisimple.
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Cyclotomic Hecke algebras

Definition

Let y be an indeterminate. A cyclotomic specialization of H is a Zk-algebra
morphism ¢ : v; — y" where n; € Z for all j. The corresponding cyclotomic
Hecke algebra H is the Zx|y,y']-algebra obtained as the specialization of the
‘H via the morphism ¢.

Proposition (C.)

The algebra Ky (y)Hy is split semisimple.

By “Tits' deformation theorem”, we obtain that the specialization v; — 1 induces
the following bijections :

Ir(Kw(v)H) < DIr(Kw(y)He) < Irr(W)
Xv = Xo¢ = X
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Rouquier blocks

Definition

We call Rouquier ring of Ky and denote by R (y) the Zk-subalgebra of Ky/(y)

Ri(y) = Zxly,y % (" — 1,41
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Rouquier blocks

Definition

We call Rouquier ring of Ky and denote by R (y) the Zk-subalgebra of Ky/(y)

Ri(y) = Zxly,y % (" — 1,41

Let ¢ be a cyclotomic specialization. The Rouquier blocks of the corresponding
cyclotomic Hecke algebra H,, are the blocks of the algebra R (y)Hs,
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Rouquier blocks

Definition

We call Rouquier ring of Ky and denote by R (y) the Zk-subalgebra of Ky/(y)

Ri(y) = Zxly,y % (" — 1,41

Let ¢ be a cyclotomic specialization. The Rouquier blocks of the corresponding
cyclotomic Hecke algebra H,, are the blocks of the algebra R (y)Hs,
i.e., the minimal partition BR(H) of Irr(W) for the property:

For all B € BR(H,) and h € Hgy, Z XsL(h) € Rk(y).
xeB TX¢
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Rouquier blocks

Definition

We call Rouquier ring of Ky and denote by R (y) the Zk-subalgebra of Ky/(y)

Ri(y) = Zxly,y % (" — 1,41

Let ¢ be a cyclotomic specialization. The Rouquier blocks of the corresponding
cyclotomic Hecke algebra H,, are the blocks of the algebra R (y)Hs,
i.e., the minimal partition BR(H) of Irr(W) for the property:

For all B € BR(H,) and h € Hgy, Z XsL(h) € Rk(y).
xeB TX¢

W Weyl group : Rouquier blocks = “families of characters”
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Rouquier blocks

Definition

We call Rouquier ring of Ky and denote by R (y) the Zk-subalgebra of Ky/(y)

Ri(y) = Zxly,y % (" — 1,41

Let ¢ be a cyclotomic specialization. The Rouquier blocks of the corresponding
cyclotomic Hecke algebra H,, are the blocks of the algebra R (y)Hs,
i.e., the minimal partition BR(H) of Irr(W) for the property:

For all B € BR(H,) and h € Hgy, Z XsL(h) € Rk(y).
xeB TX¢

W Weyl group : Rouquier blocks
W c.r.g.(non-Weyl) :  Rouquier blocks

“families of characters”
0
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Generic Schur elements

Theorem (C.)

The Schur element s, (v) associated with the character x, of K(v)H is an
element of Zk[v,v™!] of the form

SX(V) = €XNX H wx,i(Mx,i)nXJ

iely
where

@ &, is an element of Zy,

N, is a degree zero monomial in Z[v,v™!],

Iy is an index set,

(Vy.i)ie, is a family of K-cyclotomic polynomials in one variable,
° (
(

M, i)ict, is a family of degree zero primitive monomials in Z v, v,
X

ny.i)ict, is a family of positive integers.
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p-essential monomials and p-essential hyperplanes

Let p be a prime ideal of Zgk.
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p-essential monomials and p-essential hyperplanes

Let p be a prime ideal of Zgk.

Let M =], vjaj be a primitive monomial in Zk[v,v™!], i.e., ged(a;) = 1.
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p-essential monomials and p-essential hyperplanes

Let p be a prime ideal of Zgk.

Let M =1]]; vjaj be a primitive monomial in Zk[v,v™!], i.e., ged(a;) = 1.

@ We say that M is a p-essential monomial for W, if there exist an irreducible
character xy of W and a Kyy-cyclotomic polynomial W such that
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p-essential monomials and p-essential hyperplanes

Let p be a prime ideal of Zgk.

Let M =1]]; vjaj be a primitive monomial in Zk[v,v™!], i.e., ged(a;) = 1.

@ We say that M is a p-essential monomial for W, if there exist an irreducible
character xy of W and a Kyy-cyclotomic polynomial W such that

Q V(M) divides s, (v),
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p-essential monomials and p-essential hyperplanes

Let p be a prime ideal of Zgk.

Let M =1]]; vjaj be a primitive monomial in Zk[v,v™!], i.e., ged(a;) = 1.

@ We say that M is a p-essential monomial for W, if there exist an irreducible
character xy of W and a Kyy-cyclotomic polynomial W such that
Q V(M) divides s, (v),
Q V(1) ep.
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p-essential monomials and p-essential hyperplanes

Let p be a prime ideal of Zgk.

Let M =1]]; vjaj be a primitive monomial in Zk[v,v™!], i.e., ged(a;) = 1.

@ We say that M is a p-essential monomial for W, if there exist an irreducible
character xy of W and a Kyy-cyclotomic polynomial W such that
Q V(M) divides s, (v),
Q V(1) ep.

@ If M is a p-essential monomial for W, then the hyperplane Hy, defined by
Log(M) =0, i.e, Zj ajV; =0, is called a p-essential hyperplane for W.
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p-essential monomials and p-essential hyperplanes

Let p be a prime ideal of Zgk.

Let M =1]]; vjaj be a primitive monomial in Zk[v,v™!], i.e., ged(a;) = 1.

@ We say that M is a p-essential monomial for W, if there exist an irreducible
character xy of W and a Kyy-cyclotomic polynomial W such that
Q V(M) divides s, (v),
Q V(1) ep.

@ If M is a p-essential monomial for W, then the hyperplane Hy, defined by
Log(M) =0, i.e, Zj ajV; =0, is called a p-essential hyperplane for W.

Let ¢ : vj — y" be a cyclotomic specialization and M = Hj vfj be a p-essential
monomial for W. We have ¢(M) = 1 if and only if the powers n; belong to the
p-essential hyperplane Hy,.
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p-blocks and p-essential hyperplanes

Let B,(H) be the partition of Irr(W) into blocks of Zk[v,v~!],H
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p-blocks and p-essential hyperplanes

Let By(H) be the partition of Irr(W) into blocks of Zk[v,v ], .

Let B,(H,) be the partition of Irr(W) into blocks of Zk[y,y ], Hs.
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p-blocks and p-essential hyperplanes

Let By(H) be the partition of Irr(W) into blocks of Zk[v,v ], .

Let B,(H,) be the partition of Irr(W) into blocks of Zk[y,y ], Hs.

Main Theorem (C.)

For every p-essential hyperplane H for W, there exists a partition Bg’(H) of
Irr(W) with the following properties:
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p-blocks and p-essential hyperplanes

Let By(H) be the partition of Irr(W) into blocks of Zk[v,v ], .

Let B,(H,) be the partition of Irr(W) into blocks of Zk[y,y ], Hs.

Main Theorem (C.)

For every p-essential hyperplane H for W, there exists a partition Bg’(H) of
Irr(W) with the following properties:

© The parts of B//(H) are unions of the parts of B,(H).
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p-blocks and p-essential hyperplanes

Let By(H) be the partition of Irr(W) into blocks of Zk[v,v ], .

Let B,(H,) be the partition of Irr(W) into blocks of Zk[y,y ], Hs.

Main Theorem (C.)

For every p-essential hyperplane H for W, there exists a partition Bg’(H) of
Irr(W) with the following properties:

© The parts of B//(H) are unions of the parts of B,(H).

@ The partition B,(H,) is the partition generated by the partitions B,(H) and
B;’(H), where H runs over the set of all p-essential hyperplanes the n;
belong to.
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p-blocks and p-essential hyperplanes

Let B,(H) be the partition of Irr(W) into blocks of Zk[v,v 1], H.

Let B,(H,) be the partition of Irr(W) into blocks of Zk[y,y ], Hs.

Main Theorem (C.)

For every p-essential hyperplane H for W, there exists a partition Bg’(H) of
Irr(W) with the following properties:

© The parts of B//(H) are unions of the parts of B,(H).

@ The partition B,(H,) is the partition generated by the partitions B,(H) and
B;’(H), where H runs over the set of all p-essential hyperplanes the n;
belong to.

© The Rouquier blocks of Hy coincide with the partition generated by the
partitions By (H), where p runs over the set of all prime ideals of Z.
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The characters of G4 are denoted by Xxq4,5, Where d is their degree and b is the
valuation of their fake degree. These are x1,0, X1,4; X1,8> X2,55 X2,3 X2,1, X3,2-
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The characters of G4 are denoted by Xxq4,5, Where d is their degree and b is the
valuation of their fake degree. These are x1,0, X1,4; X1,8> X2,55 X2,3 X2,1, X3,2-

2-essential in

3-essential in

S1,0

2,5 =

S32 =

q’/gl(VOVfl) : ¢'/18(V0V1_1) : ¢4(v0vf1) P (vovy 1) S (vovy 1) :
¢I3»6(V0Vf1) : q>é(VOVzil) : ¢1’8(V0V51) - Pg(vovy 1) ®1o(vovy 1) :
Orp(vovy ) - Dap(vory 1) - Pa(1gvy vy ) P(Bvr v )
dh(vovr vy )

_43 V2 41 Lo, o(vivg ) : q)/lls(VlVo_l) : ¢/9,(V2V(;1) : ¢/18(V2V0_1) :
Dy(vivy ) - Dlp(vivyh) - B (vavy ) - Dhg(vavy h) - Pu(vy Pvave) -
<"'12(V072V1V2) (v “viv2)

d>4(v0 V1 V2 1) ¢’§12(V0 V1 V2 1) d>12(v0 Vi 1V2 1) : d>4(v12v2_1v0_1)~
¢/12(V1 123 1Vo 1) <I>’1’2(v1 12} 1Vo 1) cD4(V22Vo 1V1_1)'

¢/12(V2 Yo 1V1 )'¢l1/2(V22V0_1V1_1)

ba(x) = x* + 1, Bh(x) = x* — (3, B(x) = x* = G, Dp(x) = x* + G,
Pho(x) = x* + (5, Dg(x) = X + G, Phg(x) = x> + (5, Dhp(x) = x° + G,
Phe(x) = x4+ 3.
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The essential monomials for G, are

-1 -1 1
Mo == vovi °, Moo :=vov, ~, Mio:=wviv; 7,

o 2,-1 -1 2,1 -1 o 2,-1 1
Mo :=wvyvy vy o, Mii=vivy vy, Mai=vvy vy .

They are all 2-essential, whereas only the first three are 3-essential.
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The essential monomials for G, are

1

o o R
Mo :=wvovy -, Moo :=wvy -, Mioi=wv, -,

20 -1 —1 o2 -1 -1 2 -1 —1
Mo :=wvyvy vy o, Mii=vivy vy, Mai=vvy vy .

They are all 2-essential, whereas only the first three are 3-essential.

Let cp, c1, ¢ be three indeterminates. The corresponding essential hyperplanes for
Gy in C3 are given by

Hoi:co=c1, Hop:co=c, Hio:c = o,

Hy:2co=ca+c, HH:2ca=c+c, Hr:200=co+ .

They are all 2-essential, whereas only the first three are 3-essential.

Maria Chlouveraki (EPFL) Schur elements and Rouquier blocks September 11, 2008 10 / 14



The essential monomials for G, are

1

-1 B — s
Mo == vovi °, Moo :=vov, ~, Mio:=wviv; 7,

o 2,-1 -1 2,1 -1 o 2,-1 1
Mo :=wvyvy vy o, Mii=vivy vy, Mai=vvy vy .

They are all 2-essential, whereas only the first three are 3-essential.

Let cp, c1, ¢ be three indeterminates. The corresponding essential hyperplanes for
Gy in C3 are given by

Hop:co=ca, Hopp:co=c2, Hip:ca = c,
Hy:2co=ca+c, HH:2ca=c+c, Hr:200=co+ .
They are all 2-essential, whereas only the first three are 3-essential.
We have created the GAP function
EssentialHyperplanes(W , p)

which returns the above information for any exceptional irreducible complex
reflection group W.
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Hyperplane | BY(H) U BY (H) B (H) B (H)

None - - -

Ho.1 (X1,07X1,4,X2,1), (Xl,o,X1,4,X271) (Xl,o,X1,4): (X2,53X2,3)
(X2,5,X2,3)

Ho 2 (X1,00X1,8:X2,3), | (x1,00X1,8:X2,3) | (X1,0,X1.8), (X2,5: x2,1)
(X2,5,X2,1)

Hi 2 (X1,4>X1,8:X2,5), | (x1,4:X1,8:X25) | (X1.4,X1.8), (X2,3: X2,1)
(X2,37X2,1)

Ho (x1.0, X255 X3.2) | (x1,0,X2.5, X3.2) -

Hy (X184, X235 X3.2) | (X145 X2.3, X3.2) -

Ho (X1.8, X2,1,x3.2) | (X1,8) X2,1, X3,2) -
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Hyperplane | BY(H) U BY (H) B (H) B (H)

None - - -

Ho,l (X1,07X1,4,X2,1), (Xl,o,X1,4,X271) (X1,0,X1,4): (X2,53X2,3)
(X2,5,X2,3)

Ho 2 (X1,00X1,8:X2,3), | (x1,00X1,8:X2,3) | (X1,0,X1.8), (X2,5: x2,1)
(X2,5,X2,1)

Hi 2 (X1,4>X1,8:X2,5), | (x1,4:X1,8:X25) | (X1.4,X1.8), (X2,3: X2,1)
(X2,37X2,1)

Ho (x1.0, X255 X3.2) | (x1,0,X2.5, X3.2) -

Hy (X184, X235 X3.2) | (X145 X2.3, X3.2) -

Ho (X1.8, X2,1,x3.2) | (X1,8) X2,1, X3,2) -

We have created the GAP functions

DisplayAlIBlocks(W) and DisplayAllpBlocks(W)

which display the above information for any exceptional irreducible complex
reflection group W.

Maria Chlouveraki (EPFL)

Schur elements and Rouquier blocks

September 11, 2008 11 /14



Calculation of the Rouquier blocks of a cyclotomic Hecke algebra
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Calculation of the Rouquier blocks of a cyclotomic Hecke algebra

My = <S,T| STS=TST, (S—1)(S—Cx)(S—CGx?) =0
(T —=1)(T = GxX)(T - Gx*) =0>

Maria Chlouveraki (EPFL) Schur elements and Rouquier blocks September 11, 2008 12 / 14



Calculation of the Rouquier blocks of a cyclotomic Hecke algebra

My = <S,T| STS=TST, (S—1)(S—Cx)(S—CGx?) =0
(T —=1)(T = GxX)(T - Gx*) =0>

The powers of x belong to the essential hyperplane Hy, thus the Rouquier blocks
of Hg are
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Calculation of the Rouquier blocks of a cyclotomic Hecke algebra
Hy = <S,T| STS=TST, (S—1)(S—Gx)(S—Ex?)=
(T =1)(T = Gx)(T ?

X
32)0>

The powers of x belong to the essential hyperplane Hy, thus the Rouquier blocks

of Hg are
(X1,4> X2,3, X3,2) U (singletons).
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Calculation of the Rouquier blocks of a cyclotomic Hecke algebra

Hy = <S,T| STS=TST, (S—1)(S—(x)(S—2x%) =
( 2

(T =1)(T = Gx)

X
32)0>

The powers of x belong to the essential hyperplane Hy, thus the Rouquier blocks
of Hg are

(X1,4> X2,3, X3,2) U (singletons).

For any exceptional irreducible complex reflection group W, the GAP function
DisplayRouquierBlocks(H)

displays the Rouquier blocks of a given cyclotomic Hecke algebra H.

Maria Chlouveraki (EPFL) Schur elements and Rouquier blocks September 11, 2008 12 / 14



Calculation of the Rouquier blocks of the group algebra
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Calculation of the Rouquier blocks of the group algebra

ZIGI[G)] ~ <S,T| STS=TST, (S-1)(S-G)(S-¢)=0
( _
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Calculation of the Rouquier blocks of the group algebra

ZIGIG)] ~ <S,T| STS=TST, (S—1)(S—-G)S—3)=0
(T=1)(T-GUT-G)=0>

The powers of x are all 0 and they belong to all essential hyperplanes. We have:
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Calculation of the Rouquier blocks of the group algebra

ZIGIG)] ~ <S,T| STS=TST, (S—1)(S—-G)S—3)=0
(T=1)(T-GUT-G)=0>

The powers of x are all 0 and they belong to all essential hyperplanes. We have:

Rouquier block  (x1,0, X1,4; X1,8) X2,5, X2,3 X2,1, X3,2)
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Calculation of the Rouquier blocks of the group algebra

ZIGIG)] ~ <S,T| STS=TST, (S—1)(S—-G)S—3)=0
(T=1)(T-GUT-G)=0>

The powers of x are all 0 and they belong to all essential hyperplanes. We have:

Rouquier block  (x1,0, X1,4; X1,8) X2,5, X2,3 X2,1, X3,2)
2-block (Xl,Oa X1,45 X1,8, X2,55 X2,3, X2,1, X3,2)
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Calculation of the Rouquier blocks of the group algebra
ZIGI[G)] ~ <S,T| STS=TST, (S-1)(S-G)(S-¢)=0
(T-1)(T-GUT-¢)=0>
The powers of x are all 0 and they belong to all essential hyperplanes. We have:

Rouquier block  (x1,0, X1,4; X1,8) X2,5, X2,3 X2,1, X3,2)
2-block  (X1,0, X1,45 X1,8: X2,5: X2,3: X2,1, X3,2)
3-blocks  (x1,00 X1,45 X1,8) (X2,5, X2,3: X2.1), (X3,2)
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Let y be an indeterminate and n € Z. Then

me . ) on, ifn>0;
(") -—{07

ifn<o 2nd 07

| n, ifn<O;
=10

if n>0.

Maria Chlouveraki (EPFL)

Schur elements and Rouquier blocks



Let y be an indeterminate and n € Z. Then
mn+ .__ n, if n>0; Mn— . n, if n<0;
(") '_{ 0. ifn<o O =10 inso0
Let x € Irr(W). The generic Schur element s, (v) is of the form

sy (v) = &Ny [ ] Wi (My i)™ (1)-

=
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Let y be an indeterminate and n € Z. Then

mn+ .__ n, if n>0; Mn— . n, if n<0;
) '_{0, ifn<o 40" '_{0, if n > 0.

Let x € Irr(W). The generic Schur element s, (v) is of the form

sy (v) = &Ny [ ] Wi (My i)™ (1)-

=

We fix the factorization () for s, (v). Let ¢ : v; — y" be a cyclotomic
specialization. Then

Maria Chlouveraki (EPFL) Schur elements and Rouquier blocks September 11, 2008

14 / 14



Let y be an indeterminate and n € Z. Then

mn+ .__ n, if n>0; Mn— . n, if n<0;
) '_{0, ifn<o 40" '_{0, if n > 0.

Let x € Irr(W). The generic Schur element s, (v) is of the form

sy (v) = &Ny [ ] Wi (My i)™ (1)-

=

We fix the factorization () for s, (v). Let ¢ : v; — y" be a cyclotomic
specialization. Then

© ay, = val(sy,(y)) = deg(d(Ny)) + 2jes, meideg(Vxi)(6(My.i)) ™
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Let y be an indeterminate and n € Z. Then

mn+ .__ n, if n>0; Mn— . n, if n<0;
) '_{0, ifn<o 40" '_{0, if n > 0.

Let x € Irr(W). The generic Schur element s, (v) is of the form

sy (v) = &Ny [ ] Wi (My i)™ (1)-

=

We fix the factorization () for s, (v). Let ¢ : v; — y" be a cyclotomic
specialization. Then

© ay, = val(sy,(y)) = deg(d(Ny)) + 2jes, meideg(Vxi)(6(My.i)) ™
0 Ay, = deg(sy, (v)) = deg(d(Ny)) + Xjes, nx.ideg(Wyi)(¢(My.i)) "
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Let y be an indeterminate and n € Z. Then
-+ ._ n, if n>0; Mn— . n, if n<0;
(") '_{ 0. ifn<o MO =90 a0
Let x € Irr(W). The generic Schur element s, (v) is of the form

se(v) = &Ny [T WaiMy )™ (9).

=

We fix the factorization () for s, (v). Let ¢ : v; — y" be a cyclotomic
specialization. Then

° ay, = val(sy,(y)) = deg(d(Ny)) + Xicy, Nx.ideg(Vy.i)(H(My.i))™-
o Ay, = deg(sy,(y)) = deg(d(Ny)) + Xje), my.ideg(Wy.i)((My.i))*

=

Let W be an exceptional complex reflection group and x, ¥ € Irr(W). If the
characters x4 and 14 belong to the same Rouquier block, then

ay, = ay, and Ay, = Ay,.
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